Abstract. In this paper we give an operatorial inequality which is applied to find estimations for the solutions of some integral and differential systems of inequalities.
Introduction
In the last years an enormous amount of effort has been dedicated to discover new types of inequalities and their applications to the theory of ordinary, partial differential and integral equations. It is well known that a first classical result in the theory of integral inequalities, is the Gronwall inequality (1919). After its discovery, this inequality was generalized in various directions. One of the directions is to find operatorial inequalities, which in particular cases, reduce to integral and differential inequalities.
First we recall the results mentioned in Hille [2] for monotonie operators in partially ordered complete metric spaces which extend the Gronwall inequality. Other extensions are given for bounded linear positive operators in a Banach space, with a partial order related to a positive cone, by Losonczi [5] (see also [7] ). Kurpel, Shuvar [3] and Stetsenko, Shabaan [11] obtained bilateral inequalities for the solutions of a system of operatorial inequalities in a semiordered space with the convergence introduced in some sense. They established some integral and differential inequalities as applications. The subject was later strongly developed by Lakshmikantham [4] , Pachpatte [8] , Rus [10] , Zima [14] . For more informations one can consult [12] and [13] .
The goal of this paper is to give a new operatorial inequality and to obtain as particular cases some new and known results and estimations for the solutions of integral and differential systems of inequalities. 
Main results
Let (Ε, <) be a semiordered space with the convergence introduced in some sense. We suppose that E is closed with respect to the sequences limit, i.e. if (xn)n>Oí (yn)n>o are two sequences in E such that xn < yn, for η > no and there exist lim xn = x, lim yn = y, then χ < y.
η-too η-too We consider two operators T\, T2 : Ε χ E -> E that satisfy the following properties:
We suppose that the system
has a unique solution (y*, z*) and y* = z* =: x*.
The main result of this paper is contained in the following theorem. 
2) The sequence of successive approximations ((yn, ZN))N>o defined by the relations Proof. We have
in view of the relations (2.3).
On an operatorial inequality

669
We prove by induction that (y n )n>o is increasing while (z n )n>o is decreasing. Suppose that y n -i < Vn, z n > Zn-i for a fixed η > 1. Then yn+1 = T\{y n ,z n ) > T\{y n -\,z n -\) = y n , z n+ χ = T 2 (y n ,z n ) < T 2 (y"_i,2 n _i) = z" taking account of (2.1). Hence
Suppose that lim (y n , z n ) = (y*, ζ*) Ε Ε χ E.
η-»oo
By the relations (2.4) there follows (2 7) y*=Ti(yV)
Taking into account that the system (2.2) has the unique solution we get y* -ζ* = χ*. The relations (2.6) imply u < y n < χ* < z n < ν, η > 0.
2) For T2(y,z) = T\(z,y) in Theorem 2.1 one obtains the result proved in [3] , In what follows we shall give some applications of Theorem 2.1. Let (X, d) be a metric space. Recall that A : X -*• X is said to be a Picard operator if A has a unique fixed point x* and the sequence (-A n (x)) n >i converges to x* for every χ € X (A n = ¿4 ο Α ο · · · o A). The next theorem is an application of just proved results to some integral inequalities.
η-times
Let Proof. The existence and uniqueness of the solution of (2.17) follows from an application of Banach Fixed Point Theorem (see for example [1] , [8] ). Denoting by (x*,y*) the solution of (2.17) we shall prove that x* = y*. 
By (2.17) one gets t \x*(t)-y*(t)\<\\K 1 (s,t,x*(s) ì y*(s))-K 2 (s,t ì x*(s),y*(s))\ds <L\\x*(s)-y*(s)\dt
u(t) < \ Ki(s,t,u(s),v(s))ds + f(t) a t v(t) > S K 2 (s, t, u(s), v(s))ds + f(t)
for allt € [a, ft] then
where (x*,x*) is the unique solution of the system (2.17). 
v(t) > \K2(s,u(s),v(s))ds + v(a)
